SIS

'waﬁi'
NACA TN 2474 G988

NATIONAL ADVISORY COMMITTEE
FOR AERONAUTICS

2555900
- WAEBA

TECHNICAL NOTE 2474

EMPIRICAL RELATION BETWEEN INDUCED VELOCITY, THRUST,
AND RATE OF DESCENT OF A HELICOPTER ROTOR AS
DETERMINED BY WIND-TUNNEL TESTS
ON FOUR MODEL ROTORS
By Walter Castles, Jr. and Robin B. Gray
Georgla Institute of Technology

Washington

October 1951 AbM:.C
TECHMICAL LiBiinnY
AFL 2811

TR i

il

N ‘84VN AHVYEr HO3L




i»

TECH LIBRARY KAFB, NM

{'lllﬂll(((llﬂlIllllf'lll!l(llf'llllflﬂ

NATIONAL ADVISORY COMMITTEE FOR AERONAUTICS . _ DObss52
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EMPTIRICAL RELATION BETWEEN INDUCED VELOCITY, THRUST,
AND RATE OF DESCENT OF A HELICOPTER ROTOR AS
DETERMINED BY WIND-TUNNEL TESTS
ON FOUR MODEL ROTORS

By Walter Castleé, Jr. and Robin B. Gray
SUMMARY

The empirical relation between the induced velocity, thrust, and
rate of vertical descent of a helicopter rotor was calculated from wind-
tunnel force tests on four model rotors by the application of blade-

element theory to the measured values of the thrust, torque, blade angle,
and equivalent free-stream rate of descent.

The model tests covered the useful range of GT/bé (where Cp is

the thrust coefficient and o, the effective solidity) and the range

of vertical descent from hovering to descent velocities sllghtly greater
than those for autoroctation.

The three bladed models, each of which had an effective solidity
of 0.05 and NACA 0015 blade airfoil sections, were as follows:

(1) Constant-chord, untwisted blades of 3-foot radius
(2) Untwisted blades of 3-foot radius having a 3/1 taper

(3) Constant~chord blades of 3-foot radius having a linear
twist of 12° (washout) from axis of rotation to tip

(4) Constant~chord, untwisted blades of 2-foot radius.

Because of the incorporation of a correction for blade dynamic
twist and the use of a method of measuring the approximate equivalent
free-stream velocity, it is believed that the data obtained from this

program are more applicable to free~flight calculations than the data
from previous model tests.

The results of the tests are presented in the form of graphs of
the nondimensional induced velocity A\; against the nondimensional
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rate of vertical descent A, , rather than in the usual form of

Glauvert's curve of 1/f against 1/F (where f is the thrust coef-. —
ficient based on descent velocity and F, the thrust coefficient based ¢
on the resultant velocity at the rotor)_as it 1s believed that the )
former form more clearly expresses the physical significance of the

results.,

In order to determine the approximate rotor flow patterns, the- ' -
longitudinal cross section of the wind-tunnel jet was tufted on vertical
wires, and a photograph of the tufts was obtained at each test point.
Also, eight smoke filaments were injected along a radial line 9 inches
above the rotor plane.and photographed along with the jet tufts for a -
complete run at Cp = O. 00 on the small rotor.

The following general observations may be made ‘from these tests:

(1) The mean nondimensionial induced velocities calculated from the
present test data are considerably less for hovering and the smaller
rates of descent and considerably larger for the higher rates of descent
than those given by Glauert's curve of 1/f against 1/F. The nondimen—
sional induced velocities obtained in the present tests are in good
agreement with the values obtained from full-scale data at the hovering
and autorotation ends of the-vertical-descent range but are higher than
the full-scale-values reported by Stewart at the larger rates of power-
on descent. A

f

. (2) The present tests indicate that the primary effect of a
3/1 blade taper is to reduce slightly the values of the nondimensional
induced velocity at hovering and the small rates of descent and to
increase the rate of descent—for "ideal" autorotation, that rate of
descent at-which the induced and descent velocities are equal, by
approximately 3 percent as compared w1th a rotor having constant-chord,
untw1sted blades.

“

(3) Linear blade twist of 12° also slightly reduced the value of
the nondimensional induced velocity at hovering in comparison with the
value obtained on the rotor with the constant-chord, untwisted blades.
The twist increased the "ideal" rate of descent for autorotation by
approximately 10 percent. Also the peak value of the nondimensional
induced velocity was increased by approximately 2/, percent over that
for the rotor with constant—chord, untwisted blades, and the peak
occurred at a rate of descent that was about 17 percent higher.

The fluctuations in the forces and mbments on the rotor with the
twisted blades were very much larger at the higher rates of power-on
descent than those for the rotors with fapered or constant-chord, A
untwisted blades.
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(L4) Within the range and accuracy of the present tests there were
no significant differences in the values of Ay "at given values of A,

that could be attributed to the variations in the test thrust coef-
ficient, rotor angular velocity, or rotor diameter.

"INTRODUCTION

Contemporary vortex or momentum theory does not yield a useful
answer for the mean induced velocity of a helicopter rotor in vertical
descent because of the limited and indefinite extent of the rotor wake.
Thus the relation between the mean induced velocity, thrust, and rate
of vertical descent must, at present, be determined experimentally.

Both wind-tunnel and flight tests, the only readily available
experimental methods of determining the empirical induced-velocity
relation for vertical descent, offer certain difficulties. It is not
easy to maintain the desired 'zero horizontal component of velocity on
flight tests or to measure the rate of descent with sufficient accuracy.
Also, existing helicopters tend to suffer a loss of control at the
larger rates of power-on descent and thus it is hard to obtain steady-
state flight data in this range. Wind-tunnel model rotor tests, on the
other hand, present certain.problems in determining the equivalent
free-stream descent velocities corresponding to the test conditions and
also in measuring or deducing the operating rotor blade angles. :

Recent flight-test data have been in serious disagreement with the
only previous wind-tunnel test data, and Glauert's empirical induced-
velocity relation, 1/f against l/F based on the results of this
test. This disagreement has cast certain doubts on the usefulness of
wind-tunnel model rotor tests in general.

The present test program was undertaken in an effort to check
@Glauert's curve of 1/f against 1/F over the useful range of vertical
descent and, if possible, to find the sources of discrepancy between
the model and free-flight results. It was also desired to evaluate the
principal effects of blade taper and twist on the vertical-descent
characteristics and to obtain a sequence of smoke fllament and tuft
photographs to show the approximate flow patterns.

A reexamination of the test methods and the procedure used to
reduce the data for Glauert's curve of 1/f against 1/F indicated .
that the probable soqurces of error in the results were due to the use
of a2 wind tunnel having a closed test section and an energy ratio
considerably greater than unity, the determination of the equivalent
free-stream descent velocity from a pressure tap in the tunnel wall,
and the neglect of the dynamic twist of the blades. The present tests
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covering the useful range of GT/be and vertical descent on the afore-

mentioned four rotors were designed to ellmlnate, 1nsofar_as possible,
the above errors.

This work was conducted at the Georgia Institute of Technology
under the sponsorship and with the flnancial a581stance of the Natlonal
Advisory Committee for Aeronautics.

SYMBOLS =~ -7
a blade-element 1lift-curve slope
A rotor-disk area
b number of blades in rotor -
c blade-element chord ST
Cdo - blade-element profile drag coefficient
cr2 dr
e equivalent blade chord A
R
Jﬂ r2 dr
0
cy blade~-element lift—coefficient
Co extended blade root chord

thrust coefficient (T/pnanh)

Crp
oy torque coefficient (Q onePR%)
ACQ increment in torque coefficient over that for zero thrust

and zero rate of descent
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1 2

thrust coefficient based on descent velocity (T/éanZRz);
1 dTr

lipnver dr

usually found in differential form (

thrust coefficient based on resultant velocity at rotor

T 1 dT
22 °F 2. dr
2om (Vs * V)R hpn(Vi t V)r
rotor torgue

radius of blade element

rotor radius

effective radius <R - % tip chord)

Ct 2
taper factor < tip - )
o

rotor thrust
descent velocity

induced velocity at rotor, measured with respect to
fixed coordinates

nondimensional radius of blade element (r/R)

blade-element angle of attack -

coefficients in power series expressing cq, as function

of apn, where Cd, = 8o * O10r + 62ar2

blade~-element pitch angle, measured between zero-lift
chord line and tip-path plane

extended blade root pitch angle

extended linear twist from axis of rotation to blade tip,
positive when tip angle is the larger )
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o factor (1660 /aco) .
61 factor (1661/aoo)
di 1 induced velocit ! it
Ay nondimensional induced velocity Or —————
R % cr \jT [20A
. . v v
A nondimensional descent velocity or
z
QR"% Cp \T /204
P mass density of air :
Oe effective solidity —(beg /iR)
o, solidity of extended blade root chord (bco/nR)
b R
o1 solidity factor |— ¢ dr
' nR~ V0 A
b (% .
To solidity factor . crdr
g3 Uo
o R,
o3 solidity factor. [— JP cr® dr
nrl Uo

solidity factor

_ B |
—2— Jﬁ cr3 dr
nRS 0 _

R
b JF crh dr
&8 Ug

inflow angle at blade.element, positive below rotor plane
angular velocity of rotor

solidity factor

1L
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DESCRIPTION OF APPARATUS

Wind tunnel.- The wind tunnel, in the open Jjet of which these

tests were conducted, is of conventional closed-return type having a
5-to-1 contraction in the collector. The open jet is circular, of
9-foot diameter, and 10 feet long. There is a flat wind-tunnel balance
cover just below the bottom boundary of the open jet. The rotors were
installed so that the rotor hub was in the transverse and longltudlnal
center line of the open jet.

For the present tests an 18- by 18-mesh wake-diffusion screen was
installed 21 feet downstream of the rotor plane. This screen reduced
the tunnel energy ratio to approximately O0.7. In addition, a precision
electric tachometer was installed on the wind-tunnel motor and gear
driven to read 10 times wind-tunnel propeller shaft speed. This
permitted the w1nd—tunnel propeller speed to be read to *1/2’ revolution
per minute. '

Rotor test stand.- The rotor test stand is a self-contained unit

which mounts in a load member support socket of the normal wind-tunnel
balance as shown in figure 1. The power is furnished by a three-phase,
15-horsepower, 1750-revolution-per-minute, wound rotor induction motor.
The motor shaft is coupled to the pinion in the gear box contained in
the 6-inch-pipe tee by a vertical drive shaft. The pinion drives, at
half motor speed, a ring gear to which the differential planetary
carrier is attached as shown in figure 2. The rear shaft from the miter
gear set in the differential carrier is restrained from rotating by the
torque-measuring strain-gage arm. The front shaft from the miter gear
set drives the separately supported rotor hub through a ball-~bearing
slip and universal joint in the center of the rotor. This ball-bearing
slip and universal joint can transmit no thrust nor steady moments to
the hub other than the driving torque.

The hub is supported and rotates on two ball bearings mounted in
a three-arm strain-gage spider, the outer ends of the arms of which are
ball-bearing mounted on the test stand. This strain-~gage spider, which
is entirely within the hub, carries and measures only the thrust force
on the rotor and hub. Inside the front of the hub there is a pitch-
change motor which screws the outer hub fairing back and forth and
through ball-bearing connections changes the pitch of the rotor blades.
Extending from the front of this hub fairing is a revolution counter
driven by the pitch-change motor shaft. A unit change on this counter,
which was read during the tests by means of a stroboscope unit and field
glasses, corresponds to a rotor-blade-angle change of 0.041° to 0.043°
over the range of blade angles covered in these tests.
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The gear box was made of the dry sump type with all units mounted
on ball bearings and the gears lubricated by jets of low-viscosity oil
furnished by an external oil pump in order to keep the tare torque low
and constant.

The thrust and torque strain gages were read by means of SR-li bridges
arranged im temperature compensating circuits. The thrust could be read
to approximately %0.05 pound. The torque on the heavier arm used with
the 6-foot~diameter rotors could be read to approximately 0.00k4 foot-
pound and on the lighter arm used with the h—foot—dlameter rotor, to
approximately 10.002 foot-pound. - _ -

The rotor speed was measured by means of.a neon flash lamp actuated
by a set of breaker points on the motor shaft.” This flash lamp illumi-
nated once each rotor revolution a suitably lined disk driven by a small
synchronous motor. The-roLor speed was continuously manually controlled
by means of a three-phase lye barrel rheostat 1n the motor armature
nous motor shaft remained approx1mately stationary., Assuming that power
line frequency was constant, the error in rotor speed was probably not
over %2 revolutions per mlnute. In order to be certain that the desired
image harmonic was the one being controlled, the rotor-drive-motor speed
was also read on an electric tachometer. -

The tumnel-off tare thrust was not measurable. The tare torque
at 1600 revplutions, per minute, including windage on the hub and blade
sockets, was 0.18 foot-pound and constant aftér the gears had been run
in. In addition, there was a torque loss of approx1mately 3 percent
shrough the differential miter gear set. The torque loss in the ring
ind pinion was not reflected in the torque-arm strain-gage reading.

Model rotor blades.- The model rotor blades, each set of which had

an effective solidity of 0.05 and NACA 0015 airfoil'sections, were of
the "rigid" type with no initial coning angle. To keep torsional
deflections to a minimum the blades were-designed so that the chordwise
locations of the centers of gravity, elasticTaxes, and aerodynamic
centers of the blade elements coincided, approx1mately, and lay on the
quarter-chord pitch-change axis.

The large centrifugal loads arising from the full-scale design tip
speed and the above-mentioned torsional éons{aeratlons necessitated
building the blades with a solid alloy steel leading edge extendlng
back to approx1mately the quarter—chord p01nt._ '

The constant-chord, untwisted blades were constructed with a hollow
magnesium trailing-edge section riveted to the steel leading edgé as
shown in figure 3. _The twisted set of blades.and the tapered blades were
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constructed with solid laminated mahogany trailing-edge sections
fastened to the steel leading edge with machine screws. The blades
were hand-worked to contour, and the final finish obtained, while not
aerodynamically smooth, had no significant imperfections. .

The diameter of the hub fairing was 6% inches. The blades were of

true contour from a radius of 6.09 inches out, and the blade tips were
finished off square. Rotor stdtic balance was obtained by ring balance
weights held in position around the hub blade sockets by set screws.

TEST PROCEDURE

After the installation of the rotor test stand with hub, but with-
out blades, and the tunnel wake-diffusion screen, the speed of the wind-
tunnel propeller and tunnel piezometer reading were calibrated against
the tunnel jet velocity as measured by a standard pitot tube and micro-
manometer. Vertical and horizontal jet-center-line velocity surveys
were taken in the plane of rotation. It was found that the jet velocity
distribution was satisfactory except for a local region directly ahead
of the S-inch-diameter-rotor test-stand support located 18 inches down-
stream from the plane of rotation. Within this local region the-veloci-

ties were 3% percent below the average.

The procedure for a typical run was as follows: After sufficient
warm-up time for the lubricating oil pressure to stabilize, tare thrust
and torque readings were obtained on the hub without blades at various
.-rotor speeds and wind-tunnel velocities. The hub was then dismounted,

a set of blades installed, and the rotor balanced. The blade angle at
the three-quarter-radius point on each blade was then set with'a
precision inclinometer to within approximately 2 minutes of equal angles
of about 6° by adjusting the clamps on the blade-pitch-~change arms.

The hub was then reinstalled and the previous calibration of the thrust
strain system was checked by wire, pulley, and weights.,

The rotor was then brought up tc test speed (1200 or 1600 rpm) and,
after another warm-up period, a reading was taken of the reference blade
angle (counter reading) and torque for zero thrust. The accuracy with
which the zero-thrust blade angle could be determined was not too satis-
factory, as explained below.

« The blade angle was then set by trial and error at the value giving
the desired thrust coefficlent as indicated by the thrust strain-gage
getup, and a reading was taken of the torgque and blade angle. In
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addition, a photograph was taken of the tufts in the tunnel jet; and a
reading was taken of the tunnel velocity 1ndlcated by the tunnel.
piezometer.

The tunnel fan was then started and the above procedure and
readings were repeated for each successive increment in tunnel velocity
that ‘could be obtained from the taps on the wind-tunnel-motor-armature
rheostat. In addition, a reading of the wind-tunnel propeller speed
was made for each of these points. The run was terminated at that
velocity increment at~which the measured torque reached a zero or nega-
tive value. or, on the small rotor, at a rate oﬂ_descent known to be in
the windmill brake state. : :

After a descent run at each desired value of OCp was obtained on

a given rotor, the tunnel was completely blocked by placing a layer of
paper over the wake-diffusion screen. A hovering test run, reading _
thrust and torque against blade angle, was then made as a check on the—— -
hovering points obtained in the vertical-descent runms.

At the larger rates of power-on descent the thrust and torque
fluctuated in an irregular manner. An attempt was made in each such
case to read the average values.

A chordwise bending fatigue failure occurred on one of the twisted
blades while operating at™ Cp = O. oo at 1600 revolutions per minute

and a large rate of power-on descent. Thus the hovering check run was
not obtained on these blades. :

As previously mentioned, a certain difficulty was experienced in
obtaining the reference blade angle for zero thrust. Each of the
following available methods appeared likely to introduce certain errors:

1. Assuming the thrust was zero when the calibrated blade angle
at the three-quarter-radius point was zero (for untwisted
blades) '

2. Assuming the calibrated zero point of the thrust strain-gage
setup was the-same with the rotor stationary and rotating

3. Assuming the thrust was zero when the tufts on the wires in
the vicinity of the rotor were undisturbed (for unuwisted
blades)

In the first case, inaccuracies in the construction of the blades
and subsequent warpage due to operating stresses were likely to intro--
duce- appreciable error. In-the second case, the accuracy is uncertain
because of the impossibility of checking the zero-thrust calibration
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point on the rotating rotor with the blades installed. Although the
calibration factor on the thrust strain-gage spider remained constant
during the period of the tests, there were many small zero shifts.
Because of the low slope of the hovering values of OCOp against 6

near the zero-thrust point, the small zero shifts in the thrust could
have been translated into appreciable changes in the zero-thrust blade
angle. In the third case, induced velocities of the order of 2 feet
per second or less, equivalent to a zero-thrust blade-angle shift of

. approximately *0.60 on the 2-foot-radius rotor at 1200 revolutions
per minute, could not be detected by the tufts.

In general, method two was agssumed to give the correct result
unless shown to be obviously in error by method one or three.

REDUCTION OF DATA

In order to present the final data in useful form, it was necessary
to determine the operating blade angle at the three-quarter-radius point
on the rotating rotors. As previously mentioned, the blades had a
symmetrical airfoil section and were designed so that the blade-element
elastic axes and aerodynamic centers were very nearly coincident. Also,
the calculated chordwise deflections of the blades under the applied
torques were very small. Therefore, the theoretical twist due to the
alr forces acting on the blades should have been negligible and it was
thus assumed that the only torque acting to twist the blades was that
arising from the inclination of the principal axis of inertia of the
blade sections to the plane of rotation.

The resulting dynamic torque was calculated as a function of the
blade angle and rotor angular velocity for several stations along a
blade. for each of the rotors. The spring constants of each blade were
then measured experimentally (at three stations on the tapered blades),
and the spring constants were averaged for the blades in any given
rotor. The dynamic twist between the hub and the three-quarter-radius
point was then calculated using the calculated dynamic-torque-loading
curve and the experimentally determined spring-constant curve. Over
the range of blade angles of these tests the dymamic twist was very
nearly a linear function of the blade angle, and the operating blade
angle at the three-quarter radius 90.75R for the various rotors was

given with sufficient accuracy by the expressions:

90.75R = 0.8209r00t at 1600 revolutions per minute

80.75R = 0.8900,.50t, 2 1200 revolutions per minute
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for the é~foot-diameter rotor with constant-chord, untwisted blades,

0.9636

4 at 1600 revolutions per minute

0.75R roo

80.75R ,0'9789root at 1200 revolutions per minute

for the l-foot-diameter rotor with constant<chord, untwisfed blades,

80.75R = 0.9408 4 at 1600 revolutions per minute

®0.75R = 0.9658,.,,¢ at 1200 revolutions per minute

for the rotor with untwisted tapered blades, and

90.75R = 0'936(eroot - 7.?9) at 1600 revolutions per minute
80.75R = 0-96h(9root - 7.79) at 1200 revolutions per minute

for the rotor with twisted constant-chord blades. The deflections of
the pitch-change linkage were negligible,

The operating blade angle at the three-quarter-radius point was
thus found by subtracting the blade pitch-counter reading for zero
thrust and zero rate of descent from the blade pitch-counter reading
for the test point in question, reading the equivalent blade root angle
from the calibration curve, and converting this rcot angle to the value
at the three-quarter-radius point by means of the appropriaste equation
above. ' )

As a result of the dynamic twist, the actual twist of the rotating
blade was slightly different for each test point. However, all com-
parisons have been made on the basis of the initial static blade twist.

The equivalent free-stream descent velocity was obtained from the
calibration curve of wind-tumnel jet velocity against wind-tunnel
propeller speed, as explained in the section "Analysis and Discussion.”

In the absence of any applicable theory for, or useful measure-
ments of, the radial distribution of the induced velocity for. the
flight range covered in these tests, it was necessary to make the
assumption that the induced velocity was uniform over the rotor in
order to obtain the wvalues of A; against A, or 1/f against 1/F

from the test data. T
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As a result of this necessary supposition it followed from the
assumed geometry that it was a good approximation to take the inflow
angle @ as a small angle and consider all blade elements as unstalled.
Thus the thrust could be written as

T = % pbcﬂzrzcl dr (1)
and the torque, as
-1 2p3 -
Q = 5 pbeacr (Cdo cz¢) dr (2)

Then, for a linear twist where the blade angle 6 at nondimensional
radius x = r/R was given by the expression .

6 = eo + Glx : (3)

and for an arbitrary plan form denoted by the solidity factors

b
o] = = c dr . (L)
1 2o
R
Oy = 2 er dr (5)
nR3 0
R .
oy = b eré dr (6)

and so forth, the equation used to calculate A; from the test.values
of the thrust coefficient, blade angle, and rate of descent reduced to

20
6 o4 * B.0) = —= - .
A - 0 3. Y1°%, a_ . A, (7)

1
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where . . . L . -

A —v . ' ¢

. ; . .
’1 - . e
QR 3 CT

= Nondimensional velocity of descent. (8)

V.
Ay o= o | o

i
,ll
QR\}|= G
R > N

Nondimensional induced velocity (9)

and a is the two-dimensional lift-curve slope corrected for the
Reynolds number and Mach number at the three-quarter-radius point:

Similarly, upon writing the variation of the profile: drag coef-
ficient Acdo for the symmetrical airfoils as

= 2
Acdo = 620']:‘ (10)

where a, 1is the blade-element angle of attack, the solutlon of* the
torque equation for \; gave - _ i

(252 - i)(%ocB + elo%) _ ‘
. 6, = & 2
‘. = 2 02 f E . _
i ) 2 .
Lo
Jz T

285 = a e 8,03 * 810} 2 _ 52(9020h +_Ql205 + 2906105) - 24Cq
& - a 209 o (8o - a) '

1
¢
> Cr

(11).

where ACQ is the wvalue of CQ for the test point minus the value at a

zero thrust and zero rate of descent (i.e., minus the value due to
minimum profile drag coefficient).
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The Reynolds numbers and Mach numbers at the three-quarter-radius
points and the corresponding estimated values of the lift-curve slope
used to calculate the values of Ay are given for each run in tables I

to VIII. A value of &, = 1.25 was used to reduce the data, as
explained in the section "Analysis and Discussion.!

The values of 1/f and 1/F for the comparison were obtained
from the conversion formulas :

1.,2
7= (12)
and
2= (A = 2y)? (13)

It is to be noted that the radical of equation (11) may go imaginary
if, through experimental errors, the measured torque coefficient ACQ

is too large for the measured extended blade root angle 6,. This was
the case for those test points listed in the tables where the value of
ACy is given but the value of Xy (torque) is missing.

RESULTS

The results of the force tests on each rotor are presented in the
form of graphs of 90.75R and ACQ against V/QR for constant values

of CT/bé and as graphs of the equivalent values of \; against xZi

The experimental values for the individual test points are given in
tables I to VIII. '

Figures L, 5, 6, and 7 show the values of 60.75R against V/QR
at constant CT/Ge for the 6-foot-diameter rotors having constant-chord,

untwisted blades; tapered blades; and twisted blades; and for the lL-foot-
diameter rotor with constant-chord, untwisted blades, respectively.
Figures 8, 9, 10, and 11, respectively, show the variation of ACQ with

V/QR at constant CT/Oé for the four rotors. Figures 12, 13, 1L, and
15 show the variation of Ay with A, as calculated for the four rotors
from the previous test points.

Figures 16 and 17 show the comparison on \; against A\, and 1/f
against 1/F coordinates of the experimental values obtained from the
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data on the &-foot—diameter rotor having constant=chord, untwisted
blades with the values from Glauvert's empirical curve of 1/f against
1/F from reference 1; the full-scale values of references 2 to-l; and
the values given by the simple momentum theory.

Sketches of the flow patterns deduced from the photographs of the
tufts and smoke streamers are shown for values of the-nondimensional
descent velocity A, of 0, 0.3, 1.0, 1.35, 1.7, and 2.0, respectively,
in figures 18 to 23. Figure 2L shows one of*‘the original smoke—photo-
graphs taken at A, = 0.3.

The comparison of the theoretical and experimental hovering values
of Cp against 6, 7GR with the values from the end points of the

vertical-descent tests are given in figures 25 to 27. Figures 28 to 30
show the similar comparison for the values of ACq against Cp.

ANATYSTS AND DISCUSSION

Simple momentum considerations.- Consider the case of an actuator
disk of area A exerting a thrust T and descénding at a velocity V
in a perfect fluid. For this hypothetical case there is no apparent
reason why a normal wake should not exist with a flow pattern of the
type shown in figure 31. Consequently, it would appear that the simple
momentum theory could be used to determine the relation between T, V,
and the induced velocity with respect to fixed coordinates V;. Upon
applying the usual momentum and energy relations it is found that:

=¥ (¥, L
Vi =2 *"\2 Y 20k (14)
and, since
A = Y
I
2pA
and ) L o o
Vs
)\i='l o
£
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it follows that

2
i) - 15)

The values of Xy given by the above equation might reasonably be
expected to constitute a lower limit on the values that can be obtained
on an actual rotor for those vertical-descent conditions where the alr .
flow through the plane of rotation is predominantly in a downward
direction.

Formation of a "vortex ring" type flow pattern.- Consider, as a

second approximation, the case of the actuator disk in a slightly viscous
fluid. For the hovering flight condition, the principal effect of the
fluid viscosity on the wake is to cause the entrapment of air along the
periphery of the wakse. As a result, the air within the wake 1s slowed
down, and the diameter of a given section of the stream tube enclosing
the wake increases with time and distance from the rotor plane. An
analysis of the similar phenomena associated with the expansion of a
free jet is given in reference 5. .

From the standpoint of elementary vortex theory, the actuator-disk
wake can be considered to be composed of a close succession of vortex
rings of very small strength. The effect of fluid viscosity upon a
vortex filament of one of these rings is to cause a continual increase
in core diameter with time. Consequently, after a certain increment of
time, the strength of the circulation of a filament measured at any given

radius from the axis of the vortex will decrease with time, as explained

in reference 6. As the impulse of each vortex ring in the wake tends to
remain constant, this implies an increase in ring diameter with time or
distance from the rotor and a decrease in velocity of the corresponding
point of the wake and the velocity of progression of the rings. Thus,
if the actuator disk is slowly allowed to descend from the hovering con-
dition, the downward velocity of the axes of the wake vortex rings will,
at some distance below the rotor plane, be less than the descent velocity
of the disk and the vortex sheet enclosing the wake will be folded back
upon itself as shown schematically in figure 32. When the folded-back
sheet has passed above the rotor plane the induced velocities are in
such a direction as to cause it to contract and roll up into the "vortex
ring" type flow pattern observed at small rates of descent.

For steady-state descent, the strength of the "bound vortex ring"
formed by the rolling up of the wake vortex sheet cannot increase with
time. Therefore, the vorticity continually shed from the rotor and
entering the "bound vortex ring" must leave at the same rate as it enters.
Turbulent air exchange between the flow in the ring and the surrounding
free-stream flow appears to be the balancing factor.
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At the small rates of descent the scale. of the turbulence, that
is, the volume of the individual masses of air torn from the "bound
vortex ring," appears to be small. As the steady-state rate of descent
is increased, the scale of the turbulence grows until, at the higher
rates of power-on descent, the turbulence becomes severe enough to cause
fluctuations in the rotor forces and moments.

Determination of equivalent free-stream velocity.- Upon investigation

it appeared that the open-jet method of testing should duplicate the
free-stream flow patterns in the vicinity of the robtor with sufficient
accuracy but that the measured wind-tunnel velocity would be a poor
indication of the equivalent free-stream velocity. For example, at the
hovering end points of the tests where the model rotor wake was directed
back into the entrance cone of the tunnel, the net tunnel flow corre-
sponding to the free-flight hovering condition would obviously be some
small flow in a reversed direction and not a het-wind-tunnel flow egual
to the zero value of the free-stream rate of descent. For the hovering
condition the correct tunnel flow would appear to be-that which would
occur through the equivalent circle of the tunnel exit cone "above! the
rotor in free flight. The magnitude of this flow is not very amenable
to calculation. However, it may be noted that this is the quantity of
air that would be induced to flow through the wind tunnel by the static-
pressure field about the model rotor if the energy ratio of each stream
tube passing through the rotor and traversing the circuit of._-the tunnel
were unity, that is, if all the kinetic energy of the-fluid in the stream
tubes leaving the rotor were dissipated in traversing the circuit of-the
wind tunnel. A similar situation occurs for the vertical-descent test
points except that, for these conditions, there is at present no way of
calculating the velocity correction from existing vortex theory.

In the search for some method of obtaining the equivalent free-
stream descent velocities from measurable test data, the following method
of directly measuring the approximate equivalent free-stream velocity
was found and used to reduce the data obtained from the present tests.
The method may perhaps be best explained by an analogy. '

An open-jet, closed-return wind tunnel with an energy ratio of
unity is equivalent aerodynamically to a frictionless open-return tunnel
of the type shown in figure 33. For this hypothetical tunnel and, con-
sequently, by analogy, the open-jet, closed-return tumnel having an
energy ratio of unity, the total head in a stream tube entering the jet
is equal to the atmospheric pressure plus the pressure rise through the
plane of the wind-tunnel fan. This is true for the hypothetical open-
return tunnel regardless of the changes in tunnel velocity or tunnel
velocity distribution caused by the model rotor thrust. Therefore, if,
as it seems reasonable to believe, the free-stream static-pressure fleld
about the model is approximately duplicated by the open-jet method of-
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testing, the velocity distribution about the model in the open jet will
be very nearly the same as that of the model in the free stream when
the pressure rise through the plane of the wind-tumnel fan is equal to
the free-stream velocity head. This can be demonstrated for the case
of the hypothetical open-return tunnel by writing Bernoulli's equation
along an entering stream tube. '

The analogy between the hypothetical frictionless open-return tunnel
and the actual closed-return tunnel having an energy ratio of unity is
only exact when the pressure drop along each stream tube traversing a
circuit of the tunnel is equal to the wvelocity head of that stream tube
as it leaves the tunnel jet. Obviously this requirement can only be
satisfied for the particular case where the velocity distribution of
the air leaving the tunnel jet is uniform. For the stream tubes origi-
nating in the wake of a hovering rotor or a rotor at a very small rate .
of descent, the diffusion of the rotor wake within the tunnel results
in an energy ratio for these stream tubes that is higher than that for
the tunnel as a whole. However, the net tunnel flow is in a reverse
direction for hovering and for the very small rates of descent at which
a jet-type wake exists, and, consequently, the tunnel energy ratio is
lower than it is for the hlgher rates of descent where the flow is in
the normal direction. This tends to compensate for the diffusion of the
wake in the tunnel. ‘

As a compromise, the tunnel energy ratio was reduced for the present
tests to a value of approximately 0.7 by the installation of an 18- by
18-mesh screen, as previously noted.

It was impractical to measure directly the pressure rise through

the plane of the wind-tunnel propeller on account of the very small

pressure differences involved. Therefore, a calibration was obtained

of the wind-tunnel jet velocity against wind-tunnel propeller speed for
- zero model rotor thrust. Then, making the approximation that the pres-

sure rise through the plane of the wind-tunnel propeller was unchanged

by any change in wind-tunnel velocity due to model rotor thrust, the —
equivalent free-stream velocity at the measured wind-tunnel propeller
speed for a given test point could be obtained from this calibration
curve.

On the present tests with the very low tunnel energy ratio the wind-
tunnel propeller-blade-element inflow angles were small compared with
the blade-element angles of attack. Thus the approximation that the
pressure rise through the plane of the wind-tunnel propeller was inde-
pendent of the changes in the wind-tunnel velocity caused by the model
rotor thrust did not introduce any large errors.

As a check on the hovering data obtained from the end points of the
vertical-descent tests, additional hovering runs were made with the
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tunnel blocked at the wake—diffusion screen.. This screen was almost
the circuit of the tunnel "below" the rotor. Thus the virtual ground P
plane was at some distance greater than the edge of the tunnel exit -
cone, five-sixths of a rotor diameter, "below" the rotor;'and the o
ground effect was very small though probably measurable in view of the

too perfect agreement with the 81mple 1ndependence of blade~-element _
theory. R Ce — -

The agreement between the values of:-the hovering blade angles and
torque coefficients obtained from the end points of the vertical-descent
tests with those obtained from the hovering rums with the tunnel blocked
would indicate that the method used to obtain the equivalent free-stream
veloclty was approximately correct in the low velocity range. _ -

The good argeement between the nondimensional rate of desgent for .-
"ideal" autorotation obtained from the tests on the 6~foot-diameter -
model rotor with the constant-chord, untwisted blades and the full-scale,
free-flight data of references 2 and 3 would indicate that the method L
was also useful for the larger descent velocities. - : SR

Discussion of discrepancies between present data and those of
reference.7.~ The test data of reference 7, used to determine -the "vortex

ring" portion of Glauvert's curve of 1/f against 1/F, were obtained

on a 3-foot-diameter, two-bladed; solid-brass model of 2% inch chord in ;

a T- by T7-foot square, closed-jet, indraft tunnel. The model blade

angles were adjustable, but not—controllable, and runs were obtained at

various set angles up to 6.6° from estimated zero 1lift. The reference .
tunnel velocity was obtained from a static-pressure wall tap located

8 feet ahead of the plane of the test rotor.

The values of 1/F calculated from the test data in reference 7
are all too high in the vicinity of hovering because of the use of the
statically set blade angle without any correction for dynamic twist.
For example, the calculated dynamic twist at the three-quarter-radius
point and 1500 revolutions per minute on the model of reference 7 is of
the order of 1l percent of the set root blade angle. ‘If this were to
be taken into account the value of 1/F for hovering would be reduced ~
from 2 to approximately 1.5. The remaining difference between the
residual value of 1.5 and full-scale flight-test values of the order of
1.1 corresponds to a difference in blade angle of only 1/2° which may
have been partially in the assumed blade angle for zero thrust and
partially attributable to an increase in induced velocity due to the
proximity of the closed jet walls.

The tunnel velocity as measured by the static-pressure wall tap was =
used in reference 7 as the descent or ascent-velocity of the rotor. A4s
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the tunnel velocity contains an increment of the induced velocity of
the rotor, it is higher than the equivalent free-stream velocity in the
vertical-ascent range and lower than the equivalent free-stream velocity
in vertical-descent range. Thus, it could be reasoned that the values
of 1/f given by Glauert's curve are too high in the vertical-ascent
range and too low in the vertical-descent range if they were plotted at
the correct values of 1/F. The loop in the original data of refer-
ence 7 at the hovering point would appear to be due to the change in
sign of the corrections that would have had to be applied to the
measured tunnel velocity in order to obtain the equivalent free-stream
velocity. '

Calculation of full-scale blade angle and torque coefficient for
given thrust coefficient and rate of descent from experimental curves

of Xi against Age— The'pustomary assumption of the independence of

blade elements in calculating the thrust and torque of a helicopter
rotor in the vertical-descent regime from the experimentally derived
values of 1/f against 1/F or Aj against A, appears to be of

doubtful validity to the present authors for two reasons: First, the
relations were necessarily calculated from the experimental data on the
basis of an assumed uniform normal component of velocity over the rotor
disk, and it would seem that the same assumption should be used for
inverse computations. Second, that part of the induced flow due to

the vortex distribution in the wake will be considerably changed by the
large-scale turbulent mixing of the wake air at the higher rates of
power-on descent. In other words, the vortex filaments shed from a
blade at a given radius probably do not remain at the proportional wake
radius long enough for the approximation of the independence of blade
elements to be applicable. :

Thus, making the same assumptions and approximations that were used
to calculate the values of Ay from the experimental data, namely, that
the induced velocity is uniform, the blades are everywhere unstalled,
the inflow angle @ can be considered a small angle, and the tip loss
can be neglected, it follows for blades of given plan form denoted by
the solidity factors -

R
=_b_ ¢ dr

o
1 nr? Yo

b R

—_ cr dr
nR3 0

0'2_=
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and so forth and having a linear twist where the blade angle 0 at
nondimensional radius x is given by the expression 0 = 8, + elx,

that the extended root blade angle 6, is

_ ZCT T, . 02' : Sé

% = ;" 2 Op(hy = Xi)Eg -0 5 (16)

and the torque coefficient is given by the expression

5o°h_+ % 51[%0°h + 9105 +"% CT(XZ - Ki)c%] +

52[% % Cp(hz = 21)(8003 * 010, ) *

PO}

CQ=

-

5 Cp(Ag - ki)202'+ GOZOh + (28, *;?1)910%] -

N [

a[%cm SN (60 * 81) + F oxlhe - r)% | D)

The value of XAy to be used in the above equations is that~for the
approximate blade taper and twist taken from the appropriate inter-

polation of the curves of \; against A, at A, =7V ﬂRJ% Cp. The

lift-curve slope a and the coefficients in the equation for the
profile drag cy = 8, + 870, + 650,%, are determined for the blade
o _ as

airfoil at the approximate Reynolds number,'HéCh number, and surface
roughness at the three-quarter-radius point on the blades.

At the higher. rates of power-on descent, a certain reduction in
the values of X; obtained from model tests would appear to be in

order for-full-scale application as previously noted. However, the
considerably lower peak values of \j  obtained from the flight tests

'a
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of reference 2, as shown in figure 16, may have been largely due to the
inability, through loss of control, to maintain the desired flight con-
dition long enough for the equilibrium flow to develop. Thus, .the
magnitude of the correction to be applied is, at present, uncertain and
the conservative procedure would be to use the uncorrected model data.

The integrated equations for the hovering wvalues of CT based on

the assumption of the independence of blade elements have-not been.
previously published for the case of rotors having linear taper and
twist and thus have been included in an appendix.

Flow patterns.~ The recirculation of the air in the "vortex ring"

state made it difficult to obtain satisfactory smoke flow pictures.

If the smoke streamers were made dense enough to photograph well, the
smoke that accumulated in the flow pattern tended to "haze" the picture.
If the density of the smoke streamers was reduced, the high turbulence
quickly dissipated them. Thus, it was necessary to compromise on a
smoke density that showed relatively short 1engths of the flow
streamlines. i .

If the tuft studies were to be repeated, it would be desirgble. to
string the wires to which the tufts are attached in a horizontal plane
and to take the photographs in a vertical plane. The inclination of
the tufts due to gravity could thus be eliminated and the tuft photo-
graphs would give a better indication of the flow directions and
velocities.

CONCLUDING REMARKS

The mean nondimensional induced velocities calculated from the
present test data are considerably less for hovering and very small
rates of descent and considerably larger for the higher rates of descent
than those given by Glauvert's curve of 1/f against 1/F (where f
is the fhrust coefficient based on descent velocity and F, the thrust
coefficient based on the resultant velocity at the rotor). The major
portion of the disagreement can be accounted for and is due to the fact
that previously no correction was made for dynamic blade twist and the
measured tunnel velocity was taken as the free-stream velocity.

The present data are in good agreement with full-scale flight-test.
results at the hovering and autorotation ends of the descent range, but
the peak values of the nondimensional induced velocity obtained at the
large rates of power-on descent are higher than those obtained from the
full-scale flight tests reported by Stewart. A part of this discrepancy
at the large rates of power-on descent is attributable to the lower
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maximum 1ift coefficient of the model rotor blades, as explained in the
discussion. A large part of the remainder may arise from the difficulty,
due to loss of control, of maintaining steady-state flight in this
region with contemporary helicopters for a long enough period of time
for the equilibrium flow to be established. - -

The primary effects of the 3/1 blade taper were to decrease slightly
the mean induced velocity at hovering and the small rates of descent
and to increase the "ideal" rate of descent for autorotation by approxi-
mately 3 percent over that for the rotor with constant-chord, untwisted
blades operating at the same thrust-coefficient.

Linear twist of 12° increased the "ideal" nondimensional rate of
descent for autorotation by about 10 percent compared with the value
for the rotor with the constant«chord, untwisted blades. The peak value
of the mean nondimensional induced velocity was increased approxi-
mately 2 percent and it occurred at a nondimensional rate of descent - -
that was about 17 percent higher than that for the rotor with the
constant-chord, untwisted blades. Also, the fluctuations in the forces
and moments on the rotor with the twisted blades were very much larger
at the higher rates of power-on descent than for the rotors with the
tapered or constant-chord, untwisted blades. As in the case of the
tapered blades, the mean 1nduced velocity of the rotor with the twisted
blades was slightly less, at hovering, than that for the rotor with the
constant-chord, untwisted blades.

There were no ‘observable fluctuations in forces or moments on any
of the rotors in the autorotation range. . -

Within the range and accuracy of these tests there were no signi-
ficant differences in the curves of nondimensional induced velocity,

A; against the nondimensional descent velocity A, due to variations

in the thrust coefficient, rotor speed, or roctor diameter.

The present data should be more applicable to full-scale, free-
flight calculations than the data from previous model rotor, vertical-
descent tests on account of the inclusion of a correction for the
dynamic blade twist and the more exact method.used to determine the
equivalent free-stream descent velocity.

Georgia Institute of Technology
Atlanta, Ga., May 31, 1950

Ty
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APPENDIX

INTEGRATED THRUST EQUATIONS FOR HOVERING ROTORS WITH

LINEARLY TAPERED AND/OR TWISTED BLADES

Assuming independence of blade elements and neglecting the rotation
of the slipstream, it follows from the momentum theory that the thrust
dT at radius r can be expressed as

ar = )_mpVizr dr (A1)

Also, upon making the approx1matlon that the inflow angle @ 1is a small
angle, blade-element analysis gives o

dr = 2 pbefPe;r? dr ‘ (a2)

Thus, for rotors having blades with a linear taper where the chord ¢
at nondimensional radius x can be denoted in terms of the extended
blade root chord ¢, and the taper factor t by the expression

c.=c (1 + tx) : (43)
the inflow angle @ is ' : :
-V, o.c;(1 + tx)
g=—L=-yot (L)
ar 8x
: bco . s ..
wiere oy = =R’ the solidity of the extended blade root chord. How-

ever, from the geometry

B=-0+L (45)

or, for rotors having blades with a linear twist where the blade angle 6
at nondimensional radius x can be expressed in terms of the extended

blade root pitch angle 6, and the twist 6 as

8 = 8y + 6% (46)
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it follows that

o] ao \ 32(6 . + 8.x)x
_Z.=e +elx+_.9..].i_l3.3£ 1 -1 + (O 1) (A7)
a o 16 X aoo(l + tx)

This expression can, for convenience, be factored, giving

1éc 2(8, + 8x)x
Loy e s (Lrtx)ly (o, 20 0¥) (48)
280 o L X 1+ tx
o
where
1690 : - ,
8, = sog. : (49)
o 1691
17 (410)
Setting up the expression for the thrust coefficient where
1 [® 2
Op = — L pbege;r” dr (411)
pnQ RLL 0

and substituting the previous value of c; given by equation (A7) yields

$%0p _ I:eo(l + tx)i:z + el(i + 1;;)#3# (1 . t;cjé;c -
a2002 0 o e LT .

@+ 0%l rtx + 2(8, + elx)x:] dx (a12)

LYl
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Integrating the first three terms of equation (A12) and expanding the

factor (1 + tx)3/2

theorem give

320T

2
a“o,

2

L
3 3422 _ L 43,3
JZ [:<1 totx 2 X2 T

3 g e
128

Integrating the expansion gives

where

I=

II

IIT

Iv

I +1IT + IIT + IV

_}_(1 - A) + QESQ_:_El

go Lo
3 ) + L5 0
t[ oo, " 32, (0

-+V‘

(B)

; . 3.3 |
8)@ 1691(3)]

2

3 (a) - L (20, + 4)(E
[_8091( : 8091(29° t)<-t)

{;9291

L -
¢ [: 179291( ) 22u 1

(26, + 207 + t + 1)3/2

1
1691(2e°

2 %$+H)+”&*§)*z*3t*ut*
] _

3
)

+@£%+_L.H
p2/) 960
| Iv 1
20, + 4 (=

( )<t3> 566,

e

+2

2]

in the fourth term by means of the binomial

A AL

-)xzdl + (20 + t)x + 291x%] dx

(A13)

(A1L)

(A15)

(A16)

(A17)

(418)

(£19)

(420)
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B =

861

and, for. the case-of interest where. 8, 1is negative,
N e
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[(290 + Loy + t)(ze r2g b+ 1)1/2 - 20

o~ %} +
sin~t —
1691q—2el

+_uel + £
5 1/2
[(290 +t)% - 8 /
26
sin™1

+ 3
[(290 “1)2 - '8ei]1/ =l

negative,

than 1/2 percent for the extreme case where
~2/3.

(421)
It ig to be noted that the angles in the above eguation are in the first
The maximum error introduced in the value-of Cp because the

or fourth™ quadrant depending upon whether the arc sine is positive or

sixbh and higher terms of the binomial expansion were dropped is less
For 8 =
before integrating.

Thus for.tapered but—untw1sted blades it is necessary to set ©
where

87 = ~0.2 radian and e
0 the latter terms of equation (Alh) become imaginary. s
= 0 T
Then for tapered but untwisted blades o S PR
32Cy 1,.t\,1.2 1.2 <
53" eo<— + E) t3rSeeg 82 + I, + II; (a22)
O -
1 1

U S— } +

3t (28, + t)( 1) 3t(28, + t)

* fz;e: i)t)(Bl) '
() - i((e |

I
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A =_[£(2eo + 1) +2(8 +t) ¢+ ;]3/2 (425)
and B
By = --—-JL--—-[ﬁ(zeo +h) * 8, + %}[}(290 tt) ¥
2t (20, + t)
L]
1/2 90 + 1% .
2(86. +t) + 1 — —————
( ° ) .] 2t(290 + t).
8,° L B(28 * b)) ¥ 0, + b S+ b
sin 5 - sin~Ll -
2t (26, + t)l-t(zeo + 1) ° °
(426)
For  t = 0, the latter terms of equation (A22) go imaginary. Thus,
for constant-chord, untwisted blades it is necessary to set t = 0
before integrating. Then for constant-chord, untwisted blades
- 3/2 _
320, 8, L1, (1 390)(1 + 290) 1
202 32 156 2

The normal procedure, in using the previous equations which '
eliminate most of the labor involved in the customary trial-and-error
solution for the radial distribution of c;, is as follows for the

usual case where it is.desired to take tip loss into account:

1. Calculated R,, the effective radius, where Rg = R - 1

chord.

2. Caleulate o, = bog/iRg, Op' = T/pnPRcl, and the
factor 320T'/a2062t
Ctip

Q

3. Calculate the values of & = léel/éoo and t =

tip
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L. Calculate the values of 8, = 1690/506 for several assumed
values of 8, 1likely to be in the vicinity of and to bridge the value’

which will yield the desired thrust coefficient.
5. Calculate the values of 32CT'/g2 2mfor the assumed values

of 6, and the-known values of @7 and t from the appropriate
equatlon, (A1), (a422), or (A27).

6. Plot the calculated values of 32CT‘/g2062 against the assumed
values of 8, and determine the value of 8, giving the desired value
of BZCT'/E2002, and, thus, the value of the extended blade root

angle 6, . giving the desired thrust coefficient.

T. Calculate the radial distribution of - cz/a, @, and °d , from
equations (A7), (AL), and the airfoil profile drag polar.

8. Obtain the value of CQ ; based on the effective radius, by
graphical integration where

1 ' ' X'
1
R g ST

and X! = R/Re. The value of c, existing at x =1 can be assumed
o :

to extend to X'.

9. Calculate the value of the torque coefficient

R\5
CQ = CQ'<Ee)

If the radial distributions of the blade air loads are desired,
they can be calculated in the uswal manner from the results of 1tem T
above.
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TABLE I.- BUMMARY OF DATA QN 6-FOOT-DIAMETER ROTOR WITH CO‘EB'!‘W-GEQRD, UNTWISTED BLADES

AL M M
[ )
o.mR | M | M)y | Gborguey || VAR [ %0t L e | d b | Crovgu)
Run 3; Cp = 0.00%; 1200 rpm Run 32; Cp = 0.002; 1200 rpm
8.83 0.000282 | o 1.10 — 0 5.32 0.000087 | o o. 1.09
8.7% 00028 .1 .91 1.98 2,08 .00k8 5.00 000087 15 1.01 1.03
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8.83 .000266 | 1.50 2.60 2.kt .0298 b9y 000075 92 L7 1.91
h30 -| 000005 | 1.83 1.6 1.53 L0376 5.00 000030 | 1.15 2,01 2,12
k,87. .000039 | 1.7k 1.81 157 . 3.22° ,000086 | 1,36 2.30 2.39
3.99 .000010 | 1.82 L& 1.5k .oh8l 5.22 000087 | 1 2.2 2.kg
. o552 1.90 .000007 | 170 1.h7 1,65
Tun by Op = 0.00k; 1200 rem | VB | lhes | vw | v | I
— 0676 -.8 -.0000u2 | 2, 1.09 1,24
3;% 0:888% °,33 i:g? . 0721 -.8% | -.000092 { 2.21 1.03 .90
g.ks ooozﬁz .58 1_3_9r — O | -1.k6 - 2,37 97 1.10
.32 .0002 .91 1. Ja—
g.az .oooeaa: 1.';3 2.23 2.19 Run 3k; Cp = 0.002; 1600 rpm
.5 00025 1. 2,50 ————
7.24 w0177 | 1.6 2.29 2.l ® otz | 23 °-°°°°5; ° % L i-'i-g
Y 000046 | 1.67 LT 137 '01_133 g'm 'mmk 2 i Le
k.10 .000018 1.81 1,67 .37 ‘o191 ity 1000073 o1 1.8% 1.92
2,87 | -.00002k | 1.96 1.51 1.53 ety x50 ocoor? | 1133 FR s
1.23 -.000112° | 2,17 1,29 1,23 o350 g ‘000086 | 1.7 2.36 by
.0393 5.21 .000082 | 1.13 2.51 2.60
R 35 Cp = 0,00k 1200 rym -olkh 3.8 000063 | L33 | 213 ---
T - ,048) 3,89 .000055 | 1.63 2.22 —
.85 [ 0.00029271 0 120 ---- ook | 1.88 | looo00s | 1.72 1.58 1.63
8.T0 -000279 | .0 | 147 S (0533 | 1.3 | -loccooT | L8k | L51 1.55
8.33 -000270 (.60 L6 -==- 0372 55 | -.000028 | 2.01 138 L3
g-;‘g gggg’lg Al Bt - 06k | -3 | -locoos3 | 2:22 | 128 1.2h
31:2 ‘o00zsh | Lh1 P - .06590. T .000078 { 2,% 1.28 1.1
. 1.53 2,53 —— - 0.
*.60 R Run 355 Op = 0.00k; 1600 rpm
3.99 1.81 1. - 0 8.68 0.000271 | © 1.08 —
2,38 1.96 Lh3 === . 8.6k L000270 | .22 129 —
118 . 2.17 27 - 0162 | 8.%0 000261 | .37 1.50 —_
.0213 B.gg .000261 1.52 -
+002; 1200 rpm .089% 8. 000248 1.69 1.6
L0h1) 8.30 .00023% 9k 1.92 1.98
5.33 0 1.1} ———— ~0ol8s 8.30 .000229 | 1.10 2.09 2.22
93 .6 1.58 - L0513 8.30 L000229 | 1,17 2,15 2.28
b5 97 1.87 — 0366 8.30. L00023F | .29 2.27 2,22
k.92 1.23 2.19 —— L0624 8.30 000243 | 1.k 2.4 —_—
5.16 1.5k 2.1% — ,068% T.22 000175 | 1.56 2.26 2.50
h.26 1.58 2,30 ———- .0TH k36 ,000048 | 1.69 1.6% 172
LAk 1.80 118 R L0795 3.67 000020 | 1.81 1.5 1.69
56 1.92 1.28 ——— 0835 3.2 000001 | 1.91 1.58 1,67
L0381 2,46 ~.0000k5 | 2,01 .47 1.50
Run 9; Cp = 0.002; 16Q0 rm Run 363 Op = 0,00k 1200 rm
5.13 0,000062 | o .05 1Lh
5.36 1000072 | .43 .54 179 ¥ oé S;g‘g ety }:‘3’:
4,87 _ 000067 .8 1.63 L.87 ‘0163 8.8z T 157
.88 000065 .98 1.94% 2,19 2P 874 162 e
k.81 . 1.20 2.1k 2.3% 10353 8.63 186 2.13
5.03 .000077 | 1.35 2,36 2.7 " olisa s 208 =o'
5.01 .000082 | 1,30 2,51 2,53 ‘o525 8.7 e.27 it
3.kk 000045 | 1.62 2.05 —_ 050 8 ée 230 Py
1.9% .000030 | 1.69 157 L |l eee 880 o5 2T
1.27 -.000002 | 1,81 1.k 1.63 ‘oﬁk 8,60 25k 285
.68 -.000028 | 1.9% ‘1,35 1,33 JoT15 6.3k 2.08 2,77
-1 -.000050". | 2,10° 1,22 1.17 ‘ .
-1.32 | -.000072 32 1.00 1.00 076k | 5.25 .9 o
-2 et | &2 o 00 e | Rlap 1.81 1.67
-1 - - . -9 .91k | 281 1.62 1.5
Run 14 Cp = 0.005; 1600 rpa Yo
10.06 0.000414 | © 1.03 —-- [} 10,19 1.05 —
9.99 . . .21 L0096 | 10,18 1,2k ——
9.81 1.3k L0161 | 10,18 1.3 ———
10.02 179 L0210 | 10,02 1Lk ———
10.13 1.81 . 1.2 1,56 ———
10.36 2,11 .036% | 10,1k 1,78 —
10.63 2.27 .0 10. k1 2,11 f—
10.96 2.k0 0535 | 20,22 2,15 —
10.92 2,54 L0569 | 10,1k 2,20 —-
9.80 2.ln - L0602 | 10.1% 2,27 ————
9.80 2.lg, - L6835 | 9 2.28 ——
9.79 2.53 —-= L0662 .5 2.3
5,07 1.50 e~ L0895 9.8 2,39
5.k 174 1.89 L0788 | 1.2 2,58
4.89 1.62 1.7 L0768 9.3% 2.42
3.52 1.k L7 L0801 | 6.5 1.8k
10,01 ——— ———— L0819 6.15 1.89
.0883 5,22 1.70
.0gk0 LT 1N
,1032 3.9 1,58

¥
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TABLE IT.~ SUMMARY OF DATA O 6-FOOT-DIAMETER ROTOR HAVIFG .USTWISTED BLADES WITE 3/1 TAFER

33

by
vior | %o.m g A ( ]M y e M ) vhr | %, 45 Az ( M 0 (m:u )
Run 4§; Cp = 0.002; 1200 roa= Run 58; Cp = 0.002; 1200 rpm
0 063 g.:g o'ooooams 4} o igﬁ gg 0 003 22 o.mooooez 0 1.01 1.06
. . . . . . . . 1 .17 1.12 1.10
.0188 5.0k .000076 .61. 1.50 148 .0168 5,00 . 0000T5 .53 1k 1.k0
.0300 %) 000068 .97 1. 1.82 .0296 5.00 . 000068 95 1.82 1.96
.0376 k.99 .000075 | l.21 2,09 2.06 L0371 5.00 2000071 | L.19 2,05 2.1k
.0h37 g.as .000081 | 1.k2 2,37 2.36 .0k29 5.18 .000076 | 1.37 2,30 2.37
LOUTT .55 .0000Th | 1.5k | - 2.39 2.36 .ok72 5.18 .000076 | .51 2,43 2,51
.0552 3.62 .000052 | 179 2.19 2.19 .0539 3.45 .000045 | 1.73 2.07 2,13
. - - 3 . . . -.0000: . 1. 1.
.0669 -.68 -.000037 | 2,17 113 .31 0650 -.3% -.000030 | 2.08 .17 L%2
.0716 =153 -. 000051 2,32 . 99 —— 0696 -.62 -.0000k1 2,23 1.22 ——
gg;% -g.ég -.ooooGg g% . -—— L0767 | -1.60 - 2,46 1.12 —
Bun %9; Cp = 0.00k; 1200 rpm Run 595 COp = 00055 1200 rpa
0 9.00 | 0.000248 | 0 101 1.05 0 0.7 [ --—-— |0 1.0k -—--
L0051 | 9.00 ~0002k8 a1 [0 112 1.17 0088 | 10,78 mem———— .07 1.1k -—
01% | 9.05 o025 | . .37 1.48 I A 27 1.30 -
02kl | 5.00 1.5 1.7 -0243 1 10.7L [ - | .6 1.52 -—-
L0360 | 9.00 .81 2,00 . 0,71 | -=--- -1 .66 LD ————
.0k55 9.00 2,03 2.27 .0kT70 10.81 | —-m--- - .92 1,99 ——
L0526 9.13 2.21 2.k2 L0537, | 10.62 —m——————— 1.11 2,09 ———
0597 8.87 2.31 2.52 0820 10,62 —————— 1.25 2,23 ———
.0628 9.20 2.k8 2.66 .06k1 10.62 | re—mmme- 1.32 2,29 ———
0681 | 9.20 2.58 2,77 -0618 | 10,62 | ---—-- ) Lho 2,37 -
ons | T 2,31 2. 0723 10,62 | -—--m- — | LA7 1 2k —--
o760 | 6.33 2,08 2.16 <0731 | 1062 | -eem-—e- | 153 2,48 —-
So822 3.13 1.kT 1.89 o782 9.82 | ~emmm- - | 1,58 2, ——
0910 | 1.02 117 .48 0839 | 8.50 | -cew-- -~ | LT 2.25 ———
.0923 5.3k m——— 1.86 1.7 —
.005; 1200 rpm 0945 3.21 —mememm | 2,00 L3 - —
0 0035 gg igg 0.92 Run 61; Cp = 0.002; 1600 rm
.gelgg ﬁg; i;‘; - g 5.;3 0.000095 | © 0.99
,0323 | 10.96 LT3 — 0036 2:38 -000101 ° n i“ 3
.0612 10.78 2,27 2.21 L0116 5,38 . 000099 .37 1'37
L0685 | 10.78 2.34 2,23 o 1 . X
P n B L0179 5.27 .00009 57 1.53
0683 | 10.78 2. 2.31 0260 | kg5 .000088 | .Bs L7
.0723 -8 2.4 2.3 0349 k.65 .000033 | 1.10 1.88
ggBa 9. by 2.3% m——— .0398 h.&g 0000853 | 1.26 2.03
-09:231 b i% 2-20 Lokl5 k.69 .000086 | 1.ho 2,18 —
“oods . 352 8 1. & 0471 k95 .000090 | 1.%9 2.35 —
. 3. . 1. .06 Eii . 000095 %.g'{ g.gg -
rm :g% gaﬁ :oooogg 1'.g1 2:_{25 -
. 3 0000, 1.82 1, —
0 5.40 1.05 - .0626 .01 -.000013 | L.97 1.20 1.5%
.otllgg :‘::16 Lu ——- o6k | -1.62 ~.000050 | 2,19 .88 1.1h
.gl 1 : e} 1-2 —— OTh | -2.52 -.000036 | 2.3% .13 .96
'oago h'g t'{a - L0797 | -3.%3 -.00007h | 2.52 .61 .81
-g% t-g"} é-?g —— Run 64; Cp = 0.004; 1600 rpm
-gw;’ gg _ il - 0 9,01 | =—-eem | 0 1.09 —
‘s o 2:52 - .0038 9.0L m——— .09 .17 —
osor | he 2.k - el sm | | B I p—
0528 3.31 2.03 — . ’ R B .
0561 P g .0201 9.0 | cee———- R 1.5k .
Rl b 1.7 1= 0262 | 9.03 [ —meeem | 6L 1.68 —
. 3 - . 035 | 9,19 | emmmmee- .85 1.95 ——
g‘;;’;‘ i-?g 97 1-5: 0b13 | 9.30 | ——e—mm | 120 z.21 —
. -1 -89 . -0k g.gg e | Lu 2,28 —
. . e | 1.2 2,35 —
o .0366 9,10 | mmememmm 1.31 2,37 ——
5 8.9 o3 .0601 FIEY: S (e——— 1.39 2,15 —
0093 8.9 o - L0637 9.33 | ~emm-- -~ | 1.38 2,59 ———
R 85 e - .06TT 9.33 R - ¢ 2.68 ——
-0191 by » ig - .0722 9.33 oo | .68 2.78 ——
10299 9- 4 T - L0743 6.85 —— | 173 2.2k ——
-0 e 2-33 - .0T85 62 | —mmmeem- 1.82 1.82 ——
“oi9s et 2:1;3! - L0820 1.56 e | 1.0 1.18 ——
52k | 917 2.2% — o s Bt 2.0l — —
R o P - .0921 | -1.18 ————e 2.14 — —
0583 9.17 2.@ —
J0617 | 9.7 2. —_—
.0652 9.17 2,53 m—
068k 9.17 2,60
0735 T7.09 2,271 -
0797 h.16 1.8
.0830 2.5 1.34
0873 1,20 1.16 ——



TABLE IIL.~ SUMMARY OF DATA CN &-FOOT-DIAMETER ROTOR WITH GONSTANT-CHORD,

3h

TWISTED BLADES (12° LINEAR WASHOUT)
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TABLE IV.- SUMMARY OF DATA ON L4-FOOT-DIAMETER ROTOR WETH CONSTANT-CHORD,
UNTWISTED BLADES )

x X .
v/ |6 AC x 1 i R |8 c M M
/@ |90, 758 Q % |(thrust) |(torque) v/ 0.758| 40%Q | Pz (thrust) | (torque)
Run 20; Gp = 0.002; 1200 rpm Run 25; Op = 0.00k; 1600 rpm
0 5.06|0.000083(0 1.05 0.95 0 8.5% |0.000221]0 1.04 1.
.0277| 5.32| .000056] .88 1.99 2.39 .0239 8.5% .000200( SL| 1.55 1.33
.0377| 5.43] .000062{1.19] 2.38 2.7k .0330| 8.70 | .000185| .75| 1.82 2.39
.0400[ 5.32] ,000057|1.27] 2.41 2,81 .0405| 8.70 | .000192{ .92| 1.99 2.52
-0h91f  5.06) .000052/1.56 2.61 3.02 .0480| 9.06 | .000209{1.09| 2.25 2.75
.0597} 1.87{-.000013{1.89| 1.76 1.48 .0551} 9.32 | .000229[1.26| 2.LB 2,92
-0702]  -.391-.000053}2.22 | 1.27 1.20 .0625| 8.33 | .000200{1,43| 2.39 2.80
.0818} -2.48({-.000079(2.59] .86 9L L0666| 7.25 | .000156(1.53| 2.20 2.67
: 4 .0720| 6.03 | .00OL00|1.6Lk1 2.00 1.72
Run 22; Gp = 0.005; 1200 rpm .0757] 5.47 | .00007911.73| 1.94 1.76
.0810| L.26 | .000030(1.85| 1.70 1.69
0 9.89[0.000305| 0 0.96 1.27 .0863| 2,58 |-.000027{1.97| 1.42 1.53
-00991 10.35) .000312) .20} 1.26" | .1.68 .0931} .88 |-.000098(2.13| 1.13 | 1.25
.8307 11.08| .000330 .gl 1.85 2.;3
.0431| 10.69{ .000312] .86| 2.00 2.
.0531] 10.69| .000312]1.06] 2.20 | 2.70 Run 28; Cp = 0.00k; 1600 rpa
.0627| 11.04{ .0o03h8{1.25] 2.48 2.87
.0691] 9.98| .000321|1.28| 2.36 2.58 0 8.60 |0.000236]0 1.06 1.26
.082| 6.91f .000168]1.65]| 1.91 _— .0207{ 8.79 | .000227| .h7| 1.57 1.91
.0888] 6.16] .000136|1.78| 1.87 _— .0330| 8.79 | .000208| .75 1.8L 2.31
.0961| 5.09| .000088{1.92| 1.76 | 2.35 -Ol11} 8,86 | .0002131 .93| 2.05 | 2.L9
.10151 3.36(-.000009}2.03| 1.4h7 1.7k -Oggo 9.53 .ooogii 1.22 2.;1 2.80
10681 2.09(-.000083|2. 1.28 1.48 05521 9, .000 1. 2.50 .90
4 312.1 u .0630| 8.43 000214 [1.43 ] 2.42 2.76
Run 23; Cp = 0.002; 1600 rpm L0667 7.43 | .000159(1.52| 2.24 2.74
o} L.950.000089{ 0 0.95 -— - .
.0092 t.95 .000082( .29| 1.2k | 1.20 Run 303 Gp = 0.00k; 1200 rpm
02391 4.99] .000073| .76] 1.73 1.50
.0323| s.34| .000083|1.03| 2.12 2.27 0 8.6l {0.000220]0 1,17 1.36
.0390( 5.34| .00008L{1.2L{ 2.33 | 2.47 01124 8.32 |—————-} .27| 1.34 —
oL63] L.93] .000072{1.h7| 2.52 2.58 .0300} 8.32 |-me-mmmm 131 L.76 —_
.0532| 3.48] .oo00h2{1.69| 2.11 2.16 013 8.8) |-——-———1.01| 2.15 —_
0627 .75|-.000011|1.99| 1.L2 1.6l .0515| 9.22 000199 (1.26 |- 2.47 2.91
L0671 -.54|-.000032}2.1;} 1.09 1.33 06011 8.12 0001821471 2.38 2.72
.0725| -1.33{-.0000582.30| .97 | 1.1l -0700} 5.76 | .00007011.71| 1.99 | ——m
.0765| -2.19|-.000073] 2.4 .80 oL .0825( 3.12 | .00000L 2.02] 1.58 1.61
.08851 1,12 |-,000067(2.16] 1.20 1.29 .
Run 2li; Gp = 0.005;-1600 rpm .0950] -.56 |-.000117(2.32 91 1.1%6
0 9.99|0.000322|0 0.99 1.28
.0226} 10.00| .000298| .L6| 1.k 1.50
.oﬁg 10.22 .000299 gﬁ 1.81 | 2.io0 _
.0 10. .000283| . 1.93 2.55 vw
.0488| 10.29| .000270| .99| 2.03 2.68 '
.0630! 10.29| .000306[1.28| 2.32 2.80
.0720| 8.05| .000196|1.46| 1.98 1.68
L0761} 7.42| .000171|1.5L1 1.91 1.78
.0813] 6.96| .000155[1.6L | 1.91 1.92
.0865| -——| .000135{1.75| -—-o —
.0935( L.85| .0000Lk(1.90| 1.66 1.78
.10h0| 2.18{-.000101{2.12| 1.2% 1.38
.1106|  .96|-.000167{2.25 [ 1.10 1.22
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NACA TN 2h7h

TABLE V.- HOVERING DATA FOR 6-FOOT-DIAMETER ROTOR

WITH CONSTANT-CHORD, UNTWISTED BLADES

80.75R Cp ACq
Run 15; 1200 rpm
0 0 0
1.26 . 00028 . 000002
3.08 .00098 . 00002k
4,091 .00168 . 000070
6.68 .00289 000137
8.46 . 00400 . 000226
10.29 . 00488 . 000342
11.99 00526 | e
Run 16; 1600 rpm
0 0 o}

.63 . 00013 .000001
2.31 . 00075 . 000016
3.96 . 00160 . 000053
5.55 , 00255 .000108
7.18 .00346 . 000194
8.85 .ook21 .000301

Run 39; 1200 rpm
0 0 0
1,66 . 00024 . 000006
. 3.42 . 00088 . 000029
5.22 .00179 . 000070
6.99 . 00284 .000138
8.70 L00L1L . 000228
10,34 .00513 . 000323
Run 41; 1600 rpm
———— 0 0
1.53 .00018 . 000004
3.15 .00089 . 000025
4,81 .00187 . 000050
6.45 .00278 . 00011k
8.02 . 00374 . 000199
9.53 .00kT1 . 000321

NACA
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TABLE VI.- HOVERING DATA FOR 6-FOOT-DIAMETER ROTOR

HAVING UNTWISTED BLADES WITH 3/1 TAPER

e0.75R CT ACq
Run Lb

0 0
1.15 .00019 .000005
1.20 .00026 .000007
3.00 .00087 .000017
3.02 .00090 .000025
3.12 .0009L .000030
L.90 .00175 .000055
5.07 .0019L .00005)
6.78 .00277 .000113
7.00 .00300 .000117
8.6l .0040L .000213
8.86 .00413 .000228

10.65 .00196 .0003;0

‘*’

37
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WITH CONSTANT-CHORD, UNTWISTED BLADES

Run 17; 1200 rpm
0 0 3 0
1.11 .00017 .000002
2.10 .00052 .000016
L.05 .00152 .000058
6.02 . 00275 .000110
8.00- .00397 .000196
9.92 .00L68 .000271
11.73 .00527 .000375
8.30 .00411 .000229
Run 18; 1600 rpm
0 0. 0
1.93 ° .000LL .000020
3.83 00136 .000050
5.70 .002L5 - 000109
7.72 .00382 .000203
9.61 L0044 77 000279
11.39 .00535 .000373
7.68 .00379 .000201
3.83 .00135 -.000041

NACA TN 247l

TABLE VII.- HOVERING DATA FOR L~FOOT-DIAMETER ROTOR
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TABLE VIII.- VAIUES OF MACH NUMBER, REYNOLDS NUMBER, AND

CALCULATED SLOPE OF LIFT CURVE AT THREE-QUARTER-

RADTUS POINT FOR TEST CONDITIONS

39

h_foot-diameter 6-foot-diameter
Speed rotor rotors
(zpm) " ch | Reynolds | Slope of | Mach | Reynolds | Siope of
number number 1lift curve | number number 1ift curve
1200 |[0.165 | 11k,000 5.83 0.248 | 256,000 5.95
1600 .220 | 152,000 5.90 .330 | 341,000 6.07
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Figure 1.- Test stand with 6-foo
diameter of. raqtor exa

t-diameter rotor installed (apparent”

ggerated ﬁz_perspéctive).
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Figure 2.~ Schematic drawing of test stand.
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Figure l.- Blade angles for 6-foot-diameter rotor with cq_nstaﬁt—chord,
: untwisted blades. '
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Figure 5.- Blade angles for 6~foot-diameter rotor with 3/1 tapered blades.
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Figure 6.~ Blade angles for 6-foot—diameter rotor with blades having
120 linear twist. '
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Figure 7.- Blade angles for L-foot- dlameter rotor_with. constant—chord
. untwisted blades.
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Figure 8.- Variation of torque coefficient for 6~foot-diameter rotor

with constant-chord, untwisted blades.
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Figure 2.- Variation of torgue coefficient -for 6—foot-d1ameter rotor with
3/1 tapered blades.
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Figure 11.~ Variation of torque coefficiént for L-foot~diameter rotor
with constant-chord, untwisted blades.
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Figure 13+~ Variation.of nondimensional induced velocity for 6-foot-
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Figure 19.- Flow pattern at A, ® 0.3 for Li-foot-diameter rotor with
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Figure 26.- Comparison of hovering data for é-foot-diameter rotor with
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Figure 27.- Comparison of hovering data for:L~-foot-diameter rotor with
constant—chord, untwisted blades.
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Figure 28.- Comparison of hovering data for 6-foot-diameter rotor with
constant—chord, untwisted blades.
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Figure 29.- Comparisoh of hovering data for 6-foot-diameter rotor with
3/1 tapered blades. -
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Figure 30.- Comparison of hovering data for lj-foot-diameter rotor with
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Figure 31.~ Schematic flow pattern for an actuator disk at small rate
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